INTRODUCTION AND STATEMENT OF RESULTS
According to a famous theorem of Carlson 12, Theorem 5 .81] if f is an entire function of exponential type < r which vanishes at n 0, -+-1, 4-2 then The proof of Theorem B makes essential use of the fact that for certain positive constants Cl, c2 depending only on A, 3 we have [8] IG(z)I < Cl(Izl + 1) 4A where the function on the left is assumed to have its singularity at z )n removed. Hereafter we will use y to denote 3m z.
Here is another extension of Theorem A which was obtained only a few years ago. 
One might wonder why we restricted ourselves to the sequence {n}nZ; but consideration of an bitry sequence {n satisfying (1.3) would have required an additional propeay of the function G(z) which was not avlable to us at that time. According to it, for each k 2, there exists a constant c4, depending only on A and 3 such that [5, (1.12)
The details of the proof of this crucial inequality were given in [5] from which the desired estimate for IG()(;Ln)l/la'()n)l follows trivially if n is bounded. So we may suppose In > 4A.
The proof of (1.12) in the case A < 1/4 was based on the fact that for each n Z, (,on 
The quantities A(n), B(n) can be estimated from below and above as in the case A < 1/4. Besides, we easily see that IE(n)l < 24(1 + 2A)
The desired property of q)n (N) can then be proved in essentially the same way as before.
The quantities
where k 3, 4 present no new problems. We are now able to prove our main result. 
It is not hard to verify that fork =0 m-1 and v # n.
(1.14)
According to a formula for the j-th derivative of the reciprocal of a j times differentiable function [5, Lemma 3] am,n,j-- Although Lm,z(f; z) may not be defined for z 6 {.n} it follows from (1.14)
that f-(')(f;;n) f(')()n) for alln Z and/x 0, m-1 We next estimate H(rei) more precisely for large r and 0 near -t-rr/2. Iot3(03) )nl > /23 for all n Z. This can be done without causing Ctl to move by more than (1/3)(/23) < /24; the value of ot(0) changes by less than /23. We can continue this process of moving 0 and obtain at the k-th stage a point r/ in I such that Iotj (0) -1 > /2 for all n Z and j--1 k.
[]
PROOF OF THEOREM 1
We assume the right-hand side of (1.13) to be finite, since otherwise there is nothing to prove. In particular, f, f(m-1) are bounded at the points )n. CASE (i). 1 _< p < .
By the choice of k the series neZ n converges. Denote its sum by S.
Having assumed A to be 1/2 we clearly have 
